
1 有理数の和

有理数の和が、有理数であることを示す。

初項
a0
b0

=
a0
b0

2項の和
a1
b1

+
a0
b0

=
a1
b1

+
a0
b0

a1
b1

+
a0
b0

=
b0a1 + b1a0

b1b0

3項の和
a2
b2

+
a1
b1

+
a0
b0

=
a2
b2

+
b0a1 + b1a0

b1b0

a2
b2

+
a1
b1

+
a0
b0

=
a2b1b0 + b2(a1b0 + b1a0)

b2b1b0

a2
b2

+
a1
b1

+
a0
b0

=
b1b0a2 + b2b0a1 + b2b1a0

b2b1b0

4項の和
a3
b3

+
a2
b2

+
a1
b1

+
a0
b0

=
a3
b3

+
b1b0a2 + b2b0a1 + b2b1a0

b2b1b0

a3
b3

+
a2
b2

+
a1
b1

+
a0
b0

=
b2b1b0a3 + b3b1b0a2 + b3b2b0a1 + b3b2b1a0

b3b2b1b0

5項の和

a4
b4

+
a3
b3

+
a2
b2

+
a1
b1

+
a0
b0

=
a4
b4

+
b2b1b0a3 + b3b1b0a2 + b3b2b0a1 + b3b2b1a0

b3b2b1b0

a4
b4

+
a3
b3

+
a2
b2

+
a1
b1

+
a0
b0

=
b3b2b1b0a4 + b4b2b1b0a3 + b4b3b1b0a2 + b4b3b2b0a1 + b4b3b2b1a0

b4b3b2b1b0

a4
b4

+
a3
b3

+
a2
b2

+
a1
b1

+
a0
b0
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a4
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b0

b4b3b2b1b0

よって、n項の和は、分母は、bnbn−1bn−2 · · · b2b1b0で分子は、分母に aj
bj
をかけたもの

の和になるので、

n∑
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ak
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=

{a0
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a1
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a2
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+···+an
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